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Thus through the involution every point Q of the surface can be related to some one point of an auxiliary plane, and vice versa. But if the surface F be transformed algebraically and univocally into a plane, then its plane sections will be transformed into a linear system of hyperelliptic curves in that plane, conjugate points going into conjugate points : whereas we have seen that in a plane the conjugates Q of P do not fill the whole plane, but only an oc1 locus. Supposition (c) is thus dismissed, and (6) alone is tenable.
We have then as a starting point this fact, that for a generic point P of the surface there is a definite curve p containing all its conjugates Q on the curves of the system (C); and this curve p can meet each curve (each plane) only once outside the point P itself. If then p is of order s, it must have in P an (s — l)-fold point. It must also be a plane curve ; for a plane can be passed through P and two arbitrary points of p, and will contain s — 1 +l + l = s + l points of a curve of order s, hence must contain the entire curve p. This curve p can l>e shown to be either a straight line or a conic.
If p is not a line or a conic, its order 5 must be at least 3, whence it must have in P a doubly point (2 = 5— 1) or multiplicity of higher order.    As p is a plane curve, this means that 1            its plane is tangent in P to the surface F; and so that every line
I            joining P to a conjugate § is a tangent in P to the surface, and
!            by symmetry of the relation between P and Qy tangent also to F
I            in Q.    This is not possible unless either the curve p is a curve of
I            plane contact (so that P would be an exceptional point of F"), or
I            else the curve p consists wholly of straight lines through P.   This
I            alternative is equally impossible, as no ruled surface has through
I            every point three or more generators.    Therefore the hypothesis
I           s= 3 leads to absurdity ; and we have to examine the two possi-
I            ble cases : s = 1 and s = 2.
v,                8=1.    If jo  is a straight line, it does not contain P, since
I            s — 1 = 0.    To P is associated one generator p of the ruled sur-
I           face Fj and conversely, to every point Q of p must be associated induction ; to gain a clear idea of it,
